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The migration behavior of fission product tellurium in bcc iron is investigated by using the first-principles
method. The tellurium energetically prefers to stay at the substitutional site, and strong attractive interactions
between tellurium and monovacancies are found. The more introduced vacancy does not affect their migration
barriers significantly. For their diffusivities in iron, it shows that the migration energy barriers of tellurium are
highly affected with relatively larger atomic size of tellurium and strong binding with vacancy. Tellurium exhibits relatively higher diffusivity when compared to that of iron self-diffusion and common alloying elements in
stainless steels (e.g. Cr, Mo, Nb, Ti, Al, Co, Cu, Mn, Ni, and W). This study can provide theoretical guidance to
understand the vacancy-assisted lattice diffusion mechanisms for tellurium as well as typical alloy elements in
iron.

1. Introduction
The molten salt reactor (MSR), identified as one of the six advanced
nuclear fission reactors by Generation IV International Forum since
2002 [1], has received lots of attention worldwide. Specially, the liquidfueled MSRs use molten fluoride salt as primary coolant and the nuclear
fuel is dissolved in the salts. Therefore, the structural materials for the
primary loop of MSRs will be in direct contact with the fuel. Historically, Hastelloy N (nickel-based alloy), initially designed by Oak Ridge
National Laboratory (ORNL), has been recognized as the primary
structural materials of MSRs due to their good high-temperature mechanical properties, good radiation resistance and especially the excellent corrosion resistance to molten salts [2]. It is also noted that the
stainless steels (iron-based alloys) are also proposed as possible candidates for the structural materials of MSRs [3].
The fission products produced in the salts such as 89Sr, 137Cs, 140Ba,
142
Ce, 144Ce, 95Zr, 95Nb, 99Mo, 103Ru, 106Ru, 125Sb, 131I, and 132Te et al.
under neutron irradiation would be big challenges for the structural
materials [2,4]. According to the ORNL reports [5,6], the amount of
tellurium (Te) deposited on the surfaces of structural materials over a

⁎

period of 30-years would reach to ∼1019 atoms/cm2 and the maximum
penetration depth of tellurium would be ∼8 mils (∼2.032 μm) from
the surface [2]. It is also evidenced by experimental investigations [7,8]
and theoretical studies [9] that the intergranular cracks formed in
structural materials mainly raise from the diffusion of metallic fission
product tellurium from alloy-salt interface into the bulk alloys, which
would further result in the deterioration of the structural materials.
It is known that the migration of elements plays an important role in
the kinetic processes such as precipitation, annealing, creep and corrosion et al.. The elements such as hydrogen, boron, carbon, with their
small atomic sizes, generally behave as interstitials in metals. While for
the transition metal solutes such as chromium, nickel and molybdenum
et al., usually behave as substitutes in matrix materials. From the point
view of microscopic defect kinetics, the non-metal elements such as H
[10], He [11], B [12], C [13], as well as the metal solutes such as Cr
[14], Mo [15], Nb [16], Ti [17], Al [16], Co [18], Cu [19], Mn [20], Ni
[21], and W [16] et al. in bulk iron have been widely investigated by
first-principles method or molecular dynamics simulations. Tellurium,
as one of the main fission products in MSRs, their stabilities and chemical bonding in nickel-based alloys have been systematically studied
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recently. For example, Wang et al. [22] studied the stability of tellurium
in grain boundaries (GBs), surface, as well as the bulk nickel. It showed
that tellurium is energetically favorable at the substitutional site of
nickel due to its large atomic size, and tellurium has significant tendency to segregate at the interfacial layer of GBs. With a diffusion energy barrier of 0.74 eV, the tellurium is relatively difficult to diffuse
along Σ3 GB when compared to that of Σ9 and Σ11 GBs. Liu et al. [23]
calculated the tellurium behavior in the nickel 5 GB. The expansion of
5 GB of nickel mainly arises from the relatively larger size of the
tellurium atom, and strong tellurium-nickel bonds further weaken their
surrounded Ni-Ni bonding, which is the main source of the Te-induced
GB decohesion. Jia et al. [24] experimentally investigated the tellurium
diffusion behavior in temperature ranging from 773 to 1173 K in nickel.
The results showed that tellurium diffuses into nickel predominantly
along GBs at temperature lower than 900 °C (1173 K), while an aggravated diffusion was found at elevated exposure temperature of
1000 °C (1273 K) via the lattice diffusion mechanism. However, there is
a paucity of studies investigating the tellurium behavior, especially
their diffusion properties in iron-based alloys up to now.
In this work, the migration behavior of tellurium in bcc iron is
systematically studied by first-principles method combining with the
Climbing Image-Nudged Elastic Band (CI-NEB) transition state method
and nine-frequency model theory. The stability of tellurium, as well as
their binding behavior with vacancies are initially studied.
Furthermore, the solute migration properties via vacancy-assisted mechanism are addressed and the related mechanism via binding enthalpy, migration energy, correlation factor and the activation energy
are also discussed. Additionally, the diffusion properties of tellurium
are comprehensively compared with the common alloying elements
including Cr, Mo, Nb, Ti, Al, Co, Cu, Mn, Ni, and W in austenite and
ferrite stainless steels. The results help to understand the fundamental
behavior of tellurium as well as the metal solutes in stainless steels.

Table 1
The fundamental material parameters used in this work.

Lattice parameter a 0 (Å)
Spin magnetic moment per atom µB

Vacancy formation enthalpy Hf ( eV)
Self-diffusion correlation factor f0
Self-diffusion effective frequency
v0 (THz )

b
c
d
e
f
g
h
i

Ref.

2.825
2.12
2.18

2.825a, 2.834b, 2.87c
2.2b
2.22a, 2.18d, 2.0 ± 0.2 e

0.727

0.727h

3.89

Vacancy formation entropy Sf (kB )

a

Present work

4.67

4.1d, 2.1f, 3.79g, 4.14g
4.65a, 6d, 4.9i

DFT result from Wu (2016) [16].
DFT result from Zhang (2015) [33].
Experimental data from Kittle (2005) [34].
DFT result from Messina (2014) [43].
Experimental data from Deschepper (1983) [47].
Pair-potential approach result from Hatcher (1979) [54].
DFT result from Vesteylen (2017) [32].
DFT result from Murali (2011) [42].
DFT result from Domain (2005) [44].

is less than 0.012 eV.
2.2. Methodology
The dissolution energies (Edis ) of tellurium at interstitial and substitutional sites in iron matrix are defined to investigate their stabilities
[35]:

Edis = E Fen Te1
Edis = E Fen

2. Computational details and methodology

1
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where E Fen Te1 is the total energy of the bulk iron with one interstitial
tellurium atom. E Fen 1 Te1 is the total energy of the system with one iron
atom substituted by the tellurium atom. E Fen is the total energy of the

2.1. Computational details

matrix of defect-free bcc iron with n = 54 atoms (Im3m space group)
and ETem is the total energy of simple trigonal tellurium with m = 3
atoms (P32 21 space group) [36].
The diffusion coefficients of element diffusion can be expressed with
Arrhenius form [37]:

The first-principles calculations were performed using the Vienna
Ab-initio Simulation Package (VASP) [25–27] within the framework of
spin-polarized density functional theory (DFT). The self-consistent
Kohn-Sham equations were solved using projector augmented-wave
(PAW) [28] method in which exchange-correlation function was described by spin-polarized Perdew-Burke-Ernzerh (PBE) of generalized
gradient approximation (GGA) [29]. The cut-off energy of the plane
waves was set to 400 eV, which was sufficient to obtain a good energy
convergence that the total energy differences are about 0.01 eV compared with the higher energy cutoff results. The conjugate gradient
algorithm was used to determine ions relaxations into local energy
minimum with the total energies converged to 10−6 eV and the forces
on each atom converged to less than 0.01 eV/Å. The minimum energy
paths were investigated by CI-NEB method [30]. The vibrational frequencies were obtained by determining the Hessian matrix, and the
zero-centered ( -point) frequencies were treated as the vibrational
frequencies.
The 3 × 3 × 3 body-centered-cubic (bcc) supercells (54 atoms)
were employed to model the bulk bcc-iron. The convergence test
showed that the 4 × 4 × 4 k-point mesh of the Monkhorst-Pack [31]
scheme was sufficient. The total energy differences were less than
0.005 eV per atom compared to that with 6 × 6 × 6 and even much
denser k-point mesh. The optimized lattice constant and local magnetic
moment of bcc iron were calculated to be 2.825 Å and 2.12 μB/atom,
respectively, which were in good agreement with the previous results of
2.825–2.86 [16,33,34] and 2.2 μB/atom [33] (see Table 1). Moveover,
the activation energy (sum of formation, binding and migration energies, which will be seen later) of Te is calculated to be 1.90 eV and the
difference with that in a larger model (4 × 4 × 4 supercells, 128 atoms)

Q
kB T

D = D0 exp

(3)

where T is the Kelvin temperature. The pre-factor D0 is expressed as
(The details are provided in Supplementary Material, Note. 1):

Sf + Sb

D0 = a02 fv exp

(4)

kB

where a0 is the lattice constant, is the Boltzmann constant. The correlation factor f of a defect diffusing in bcc lattice was approximated by
Le Claire [38,39] and expressed as:

3
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with factor F = 0.512 [32]. The i denotes the possible jump illustrated
in the framework of nine-frequency model which will be discussed
later. The jump frequency of solute-vacancy exchange is described by
Eyring’s [40] reaction rate theory:

= v exp( Em/ kB T )

(6)

where v denotes the effective frequency in terms of transition-state
theory [41] and approximated by Wu [16]:
2
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where the first item is the total energy of the system containing x solute
atoms and y vacancies. The third item is the total energy of the system
with x solute atoms. A more negative binding enthalpy indicates more
attractive interaction between the solute atom and the vacancies and
vice versa. With such definition, Hb equals zero for the case of selfdiffusion.
As expressed by Eq. (3), the diffusion coefficients for self/solute
diffusion are in Arrhenius form with respect to the temperature. However, extensive experimental works [49–52] evidenced that there is a
deviation from linearity in the neighborhood of the Curie temperature
for the self/solute diffusion in bcc iron, in which the pre-factor is relatively little affected while the activation energy is generally affected
due to the change of magnetization of iron. It is reported that the
magnetic moments of atoms can be affected by their local environment
[53]. In this work, all calculated energies mentioned above are in ferromagnetic (FM) state of iron with the frameworks of spin-polarized
DFT calculations. The activation energy in paramagnetic (PM) state QPM
could be estimated by:

(7)

where
and
denote the attempt frequency of atoms in the three
degrees of freedom (DOFs) in initial and saddle point states, respectively. The effective frequency is expressed as the quotient of the product of all real frequencies in the initial state and that in the saddle
point state, which physically indicates how many vibration attempts of
the initial structure are converted to the saddle point state every
second. Usually, there are three attempt frequencies for each atom in
their stably initial state. The unstable vibrational model for the atom in
its saddle point exhibiting as imaginary frequency, is excluded from the
product. Moreover, only the migrating atom is considered to get an
approximation by ignoring the thermal expansion effect on other lattices.
In this work, the correlation factor f for iron self-diffusion is calculated to be 0.727, which is identical with the previous DFT result [42]
(see Table 1). While the effective frequency v for iron self-diffusion is
4.67 THz, which is also in good agreement with DFT results [16,43,44],
as listed in Table 1.
The vacancy formation entropy Sf for bcc lattice can be computed
in a similar manner with the harmonic approximation [45] and formula
derivation (see Supplementary Material, Note. 2) by only considering
the first and second nearest neighbor (1NN and 2NN) atoms to the
vacancy:

visad

viini

Sf = ln

3
( 1 vipure ) 20
3 V ,1NN 8
3
v
) ( 1 viV ,2NN )12
1 i

(
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QPM =
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(
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(8)

3 V 8
3
3
3
3
3
v ) ( 1 viS )( 1 viS,1NN )( 1 viS,2NN )3 ( 1 viS,3NN )3 ( 1 viS,5NN )
1 i
3 pure 9
3 V , sol
3 V , S ,2NN 3
3 V , S,3NN 3
3 V , S,5NN
v
)
(
v
)(
v
)
(
v
)
(
v
)
1 i
1 i
1 i
1 i
1 i

3.1. Stability of tellurium in iron
Tellurium is a semi-metallic chemical element in the oxygen group
(Group 16 [VIA]). The atomic radius of tellurium is ∼1.43 Å, which is
much larger than the matrix element iron (∼1.26 Å). As mentioned
above, the lattice diffusions for metal solutes in alloy at elevated temperature are generally dominant by the vacancy-assistant mechanism.
Therefore, the tellurium dissolutions at possible symmetrical sites as
well as their binding with vacancies in bcc iron are initially investigated. The phonon spectrum for various occupations are also calculated to identify their stabilities. It shows that all the frequencies of
atomic vibrations in both interstitial and substitutional Te-doped
structures are real, which mean these structures are stable.
For tellurium as an interstitial, two typical trapping sites were
considered: the tetrahedral and octahedral sites. It shows that the dissolution energies at tetrahedral and octahedral interstitial sites are 8.10
and 9.12 eV, respectively. In comparison, the dissolution energy of
tellurium at substitutional site is 1.03 eV, which is significantly lower
than that as interstitials, indicating that tellurium energetically prefers
to occupy the substitute site in bcc iron. Such result is similar with that
in nickel, the relatively larger atomic radius leads to its instability as
interstitials [22,23]. For the substitutional tellurium, the possible Te-V,
Te-V2, Te-V3, and Te2-V clusters are considered and their most stable
atomic configurations are shown in Fig. 1.
As benchmark calculations, the formation enthalpies of vacancies in
bcc iron are calculated and listed in Table 2. The formation enthalpy of
monovacancy in bcc iron is 2.18 eV in our calculation, which is in well
agreement with the previous results of 2.16 eV by DFT method with
PAW-PW91 potential [56], as well as the experimentally measured
value of 2.0 ± 0.2 eV [47]. The binding enthalpies between the
monovacancy and tellurium with possible separations at first nearest
neighbor (1NN), 2NN and 3NN sites, corresponding to the I1, I2, I3
atomic configurations, as shown in Fig. 1(a), are predicted to be −0.82,
−0.21 and −0.07 eV, respectively. The negative binding enthalpies
indicate that the binding of Te-V pairs are exothermic processes and the
1NN Te-V pair is the most energetically favorable one.
When the divacancy being introduced, the formation enthalpies of
divacancies with their relative distances in 2NN, 1NN, 3NN, and 5NN

kB

(9)
The activation energy Q in the Arrhenius expression of Eq. (3) includes the following three parts:
(10)

Q = Em + Hf + Hb

The migration energy Em for each migration process is expressed as:

Em = Esad

(11)

Eini

where Esad and Eini are the total energies (or enthalpies) of the saddle
and initial states in CI-NEB estimations, respectively.
The vacancy formation enthalpy Hf for the vacancy cluster in bulk
material is defined as [46]:

Hf = EFen

y Vy

n

y
n

EFen

(12)

where EFen y Vy is the total energy of the system containing y vacancies.
The vacancy formation enthalpy of monovacancy in bcc iron is calculated to be 2.18 eV, which is in agreement with previous DFT [16,43]
and experimental [47] results (see Table 1).
The binding enthalpy Hb between solute atoms (denoted as S) and
vacancies (denoted as V) is defined as [48]:

(

Eb = EFen

x y Sx Vy

+ EFen

) (EFe

n x Sx

+ EFen

y Vy

)

(14)

where the parameter quantifies the variation of Q due to the change
in magnetization of material and is also a species-dependent constant.
is chosen to be 0.16 and 0.10 for the situations of self-diffusion and
solutes in the dilute limit [32].

where vi pure is the vibrational frequencies for three DOFs of one iron
atom in pure bcc iron. viV ,1NN and viV ,2NN are the frequencies of the 1NN
and 2NN iron atoms to the vacancy in the system, respectively. The
vacancy formation enthalpy in bcc iron is calculated to be 3.89 kB ,
which is in consist with 3.79 kB in 3 × 3 × 3 supercells and slightly
smaller than that in 4 × 4 × 4 supercells (4.14 kB ) obtained by Vesteylen et al. [32] (see Table 1).
The solute-vacancy binding entropy Sb for bcc lattice can be calculated from the supercells with and without defects [32] (see
Supplementary Material, Note. 3). For self-diffusion case, Sb is calculated to be zero.
Sb = ln

QFM
1+

(13)
3
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Fig. 1. The typical atomic configurations of Tex Vy clusters in bcc iron: (a) Te-V; (b) Te-V2; (c) Te-V3; (d) Te2-V.

are calculated to be 4.12, 4.18, 4.35, and 4.30 eV, respectively, which
are in agreement with previous DFT calculations reported by
Kandaskalov et al. [56]. With respect to the corresponding Te-V2
clusters, the typically stable atomic configurations are II1, II2, II3 and
II4, as shown in Fig. 1(b). The binding enthalpies for these Te-V2 clusters are found to possess considerably negative values of −1.44,
−1.07, −1.26, and −1.21 eV, respectively, when compared to that of
Te-V pairs. It shows that the relatively compact atomic structures are
much more energetically favorable by analyzing the Te-V2 binding
energies as well as their corresponding atomic configurations. The
sparsity of the atomic structures can be simply identified by the sum of
relative separations between tellurium and the two vacancies. For example, with respect to local structures in which two vacancies locate at

1NN sites of tellurium, the separations between two vacancies corresponds to their sparsity. The II1 structure, with 2NN separation between
two vacancies, is energetically favorable when compared to that of II3
and II4 with 3NN and 5NN separations. For II1 and II2 cases, it can be
seen that the latter structure (two vacancies locate at 1NN and 2NN
sites of tellurium), owns higher binding enthalpy. This indicates that
vacancies like to gather around the tellurium atom. The total energies
of various atomic configurations are also compared to identify their
relative stability.
Various Te2-V clusters shown in Fig. 1(d) represent the higher
tellurium concentration model, in which the vacancy locates at the 1NN
site of tellurium atoms. The binding enthalpies between vacancy and
Te2 with their relative distances in 1NN, 2NN, 3NN, and 5NN are

Table 2
The formation enthalpies of vacancies and their binding enthalpies with the substitutional tellurium in bcc iron. The most stable atomic configurations are shown in
bold. Units are in eV.
V1

Hf (eV)

Hb (eV)
a
b
c

V2

V3

Ⅱ1

Ⅱ2

Ⅱ3

Ⅱ4

III1

III2

III3

III4

2.18
1.86a, 2.16b, 2.0±0.2c

4.12
4.126b

4.18
4.136b

4.35
4.351b

4.30
4.265b

6.05
6.70b

6.17
6.14b

6.49

6.23
6.21b

Te-V1

Te-V2

Te-V3

Te2-V

Ⅰ1

Ⅰ2

Ⅰ3

Ⅱ1

Ⅱ2

Ⅱ3

Ⅱ4

III1

III2

III3

III4

IV1

IV2

IV3

IV4

−0.82

−0.21

−0.07

−1.44

−1.07

−1.26

−1.21

−1.97

−2.08

−2.15

−1.80

−0.93

−1.28

−1.64

−1.77

Molecular dynamics (MD) result from Wang (2010) [55].
DFT result from Kandaskalov (2013) [56].
Experimental data from Deschepper (1983) [47].
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calculated to be −0.93, −1.28, −1.64, and −1.77 eV, respectively.
The tendency of binding energies clarifies that tellurium atoms do not
like to be close to each other.
By comparing the general tendency of the binding enthalpy between
tellurium and vacancy clusters, it shows that the binding enthalpy decreases slightly with the number of vacancies (or the tellurium atoms)
increases. With the definition of vacancy formation enthalpy in Eq.
(12), the formation enthalpies are in a simple exponential relation with
the size of vacancy cluster [57]. And it is noted that the trivacancies
with different atomic configurations possess quite large formation enthalpies among 6.05–6.49 eV when compared to the monovacancy and
divacancies. Besides, the migration energy barriers for solutes via 1NN
lattice jumps are approximately less than 1.35 eV, which will be discussed in the latter text.
According to Eq. (3), the diffusion coefficients for self/solute diffusion in alloys largely depends on the activation energy Q. A higher
diffusion coefficient could be reached when the activation energy is
lower. The activation energies consist of three parts, the vacancy formation enthalpy, the solute-vacancy binding enthalpy and the migration energy barrier, as Eq. (10) defined. Although the binding energies
between Te and Vy (y ≥ 2) clusters are usually less than that of Te-V
pair, one can see that significantly increments of the formation enthalpy
are found with the size of vacancy cluster increasing. It is suggested that
the formation enthalpies are dominant factor to affect the activation
energy when compared to that of the second and third terms by analyzing the calculated activation energies for Tex-Vy clusters. Hence, for
the further studies on the kinetic dynamic properties of those Te-Vy
models, the two cases with relatively lower formation energies are selected, Te-V pair and Te-V2 cluster, to further discuss the migration
behavior of tellurium.

behavior. The values are listed in Table 3. The migration barrier and
effective frequency for 1NN self-diffusion process ( 0 ) in iron are calculated to be 0.67 eV and 4.67 THz, respectively, which are in well
agreement with the previous DFT results of 0.65–0.69 eV [16,42,58]
and 4.65–6 THz [16,43,44]. The migration barriers and effective jump
frequencies for chromium doped iron are carefully compared with the
previous DFT calculations [16]. For example, the chromium migration
energy barrier and jump frequency to its 1NN vacancy site ( 2 ) are
0.54 eV and 4.95 THz, respectively, which are also in good consistent
with the reported results of 0.56 eV and 5.03 THz [16]. The migration
barrier for tellurium diffusing to its 1NN vacancy site is 0.54 eV, which
is ∼ 0.13 eV lower than that of the self-diffusion of iron, indicating that
the migration of tellurium is relatively easier than that of the iron selfdiffusion. It should be noticed that the migration barrier of tellurium,
solute chromium and iron self-diffusion are comparable, while the effective frequency of tellurium is much lower than that of chromium and
iron self-diffusion. This can be attributed to the relatively lower frequencies of tellurium (3.49 THz for the third DOF as Eq. (7) defined)
compared to that of chromium (5.44 THz), which may be caused by the
relative larger atomic mass of tellurium.
In contrast, the 2NN self-diffusion of iron is notably difficult with
much higher diffusion energy barrier of 2.59 eV from our calculation.
While the diffusion energy barrier for tellurium diffusing to its 2NN
vacancy site is about 2.28 eV. Such phenomenon is also reported in
previous literature for chromium with 2.0 eV energy barrier for its 2NN
diffusion [14]. Therefore, it is nearly impossible for metal solutes, including tellurium element, diffusing via 2NN vacancy directly, providing evidence for the previous results from ab initio [60] and MD
simulations [61] that 1NN lattice jumps are the most frequently observed diffusion processes.
It is known that the solutes, with different atomic sizes and chemical
affinities to its adjacent vacancy, would inevitably affect diffusion behavior of the nearby lattices. The migration energy barriers for various
lattice jump processes are plotted in Fig. 3 and the detailed energy
profiles are shown in Fig. S1 in Supplementary Material, Note. 4. Various migration processes illustrated by the nine-frequency model in
Fig. 2(a) are divided into three typical situations to clarify the local
effect of solutes on the lattice migrations, which is identified by different colors in Fig. 3. One is the solute/impurity diffusion process ( 2 ).
By taking the self-diffusion in iron as a reference, it can be seen that the
migration energy barriers of 2 for all solutes considered in this work
are all lower than that in defect-free iron matrix. Another kind of the
migration processes are 3 , 3' , 3'' and 5 , which represent the diffusion
of vacancy far away from the solute atom. In another word, they are
also explained as the dissociation jumps between the solute and vacancy. The migration energy barriers of 3 , 3' , 3'' and 5 with tellurium-doping are 1.30, 1.10, 0.98 and 0.69 eV, respectively, which are
0.63, 0.43, 0.31 and 0.02 eV higher than the situation for self-diffusion
of iron. Moreover, the processes of 4 , 4' , 4'' and 6 , which are the
reverse processes of 3 , 3' , 3'' and 5 , respectively, represent the association jumps between the tellurium and vacancy. They are relatively

3.2. Te-V diffusion characters
The lattice migration processes in bcc iron are illustrated in the
framework of nine-frequency model, as shown in Fig. 2(a), in which S
denotes the solute or impurity atom. Among the various lattice hop
processes, 2 denotes the migration of solute atom via 1NN vacancy
site. 3 , 3' and 3'' represent the vacancy diffuses to the iron positions
which are 2NN, 3NN and 5NN sites far away from the tellurium atom,
while 4 , 4' , and 4'' are their reverse diffusion processes. 5 is the jump
process for the 2NN site vacancy to 4NN site, and 6 is the reverse
process of 5. Except the above-mentioned jump processes in the solute
doped model, 0 is defined as the self-diffusion of iron (or vacancy) in
the model with absence of the solute atom.
Before going into the details, the possible solute diffusion mechanisms via solute-vacancy pair with different separations are addressed
for a comparison. The detailed migration energy barriers and effective
jump frequencies for various solute atoms are provided in
Supplementary Material, Note. 4. Specially, the self-diffusion of iron
and the diffusion of the foremost alloying element chromium are selected as typical examples to compare with the tellurium diffusion

Fig. 2. (a) The illustration of the general ninefrequency model of bcc iron lattice. S denotes the
solute atom, the numbers represent the relative
positions of lattice iron atoms with respect to the
solute atom; (b) The corresponding energy profiles
for the various lattice diffusion processes in tellurium-doped model, where the reference state is
1NN Te-V pair. The scaled distances are used for
these 1NN lattices jump processes.
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Table 3
The effective frequencies and migration energy barriers for various lattice jumps illustrated in the nine-frequency model.
0

Em (eV)

Fe
Te
Cr

v (THz)

Fe
Te
Cr

a
b
c
d
e
f

0.67
0.69a, 0.65b, 0.69c, 0.55d

4.67
4.65a, 6e, 4.9f

2

3

'
3

''
3

5

4

'
4

''
4

6

2nn

2.59
0.54
0.54
0.56a

1.30
0.67
0.69a

1.10
0.67
0.68a

0.97
0.62
0.64a

0.69
0.72
0.72a

0.67
0.63
0.65a

0.33
0.61
0.62a

0.27
0.60
0.61a

0.50
0.68
0.69a

2.28
2.34
5.85

2.97
4.95
5.03a

5.07
4.88
4.92a

5.49
4.53
4.58a

5.80
4.51
4.57a

4.90
4.63
4.70a

4.39
4.55
4.59a

4.64
4.36
4.38a

5.22
4.41
4.44a

4.55
4.70
4.64a

3.09
7.10

DFT result from Wu (2016) [16].
DFT result from Murali (2011) [42].
DFT result from Soisson (2007) [58].
Experimental data from Vehanen (1982) [59].
DFT result from Messina (2014) [43].
DFT result from Domain (2005) [44].

barriers for these solutes are in a range of 0.3–0.7 eV, among them a
medium value of 0.54 eV is obtained for 1NN tellurium diffusion. The
migration barrier of tellurium via 1NN vacancy is comparable to other
alloying elements. Except Co and W, the 1NN migrations for most alloying elements considered in this study (Cr, Mo, Nb, Ti, Al, Cu, Mn and
Ni) possess lower migration energy barriers, indicating that their migrations in iron are easier comparing to the iron self-diffusion. Such
results are consistent with the previous results that the diffusion for
most metal solutes in metal are comparable [16]. According to Eq. (10),
the activation energy shown in Fig. 4(c) consist of vacancy formation
enthalpy, vacancy-solute binding enthalpy and solute migration barrier.
Obviously, tellurium exhibits lowest activation energy, which can be
attributed to its lowest binding enthalpy. Therefore, the strong attractive interaction between tellurium and vacancy is the main reason for
the rapid diffusion of tellurium in bcc iron compared with other solutes.
3.3. Solute-V2 behavior and diffusion characters

Fig. 3. The calculated migration energy barriers for Te in bcc iron based on the
nine-frequency model compared to that for the general solutes including Cr,
Mo, Nb, Ti, Al etc. The migration energy barrier for self-diffusion of iron is
identified by the dashed blue line. aDFT result from Wu (2016) [16].

The long-distance diffusion for the solute via the vacancy-assisted
migration mechanism requires alternate jump processes for solute and
iron with nearby vacancies. It is reported that the long distance diffusion for a solute is difficult to be achieved via single solute-vacancy pair
[14] and may need another vacancy to diffuse. According to the stability study for the different Tex-Vy clusters shown in Section 3.1, the
Te-V2 clusters are also relatively stable. Therefore, we conceive to investigate the migration processes of solute-V2 cluster consisting of a
single solute atom (Te, Cr, Mo, Nb, Ti, Al, Co, Cu, Mn, Ni, and W) and
two vacancies, in order to improve the self-vacancy-assisted migration
mechanism.
As shown in Fig. 5, a multi-step net diffusion path is judiciously
desired to achieve a long distance diffusion for tellurium from one
primitive cell to its adjacent cell via single Te-V2 cluster (frame (I) to
frame (IX)), in which the substitutional tellurium atom and iron atom
successively jump to/from their 1NN vacancy. There are various possible paths for the long-distance net diffusion, here, the following three
aspects are considered to optimize the diffusion and avoid the extremely higher energy barriers. First, the initial frame of Te-V2 cluster,
in which the two vacancies (with 2NN separation) locate at the 1NN
sites with respect to tellurium atom, owns lowest binding energy and is
considered as the reference state for the net diffusion. Second, only the
1NN lattice exchanges for Te-V or Fe-V are adopted to avoid the much
higher energy barrier via 2NN direct diffusion. Last but not least, the
relatively compact atomic configurations rather than sparse ones are
selected as the intermediate frames. For instance, two atomic configurations for frame (III) are selected to illustrate the importance of

easier with comparable or smaller energy barriers corresponding to
0.67, 0.33, 0.27 and 0.50 eV, respectively. It is indicated that the preexisting of tellurium would retards the iron atom to move closer in a
large extent, in other words, the tellurium shows it’s considerably affinity to vacancy. Furthermore, the lattice migrations (from 3 to 6 ) in
tellurium-doped iron are compared with other alloying elements in
ferrite stainless steels (e.g. Cr, Mo, Nb Ti, Al etc.), as shown in Fig. 3. It
shows that among the alloying elements considered in this study, the
doping of the chromium and molybdenum does not alter the lattice
migration a lot, while the tellurium and niobium would significantly
affect the lattice migration.
In order to more intuitively compare the tellurium behavior with
other metal solutes, the binding enthalpy, migration barrier and activation energy of S-V (S denotes solute or impurity) in ferromagnetic
state are summarized in Fig. 4. As shown in Fig. 4(a), the binding enthalpies between the solutes (except tellurium) and vacancy are in a
range from −0.42 to 0.01 eV. The tellurium exhibits the lowest binding
enthalpy of −0.82 eV, indicating its strong attractive interaction with
vacancy. Additionally, the cobalt possess a positive binding enthalpy,
suggesting a repulsive interaction between cobalt and vacancy, which is
in agreement with previous calculation reported by Wu et al. [16]. The
migration energy barriers for the metal solutes via 1NN exchanges with
vacancy are shown in Fig. 4(b). It shows that the migration energy
6
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Fig. 5. The illustration of long-term net migrations of tellurium in bcc iron via
Te-V2 cluster. The tellurium atom and vacancy are denoted by the green ball
and yellow-dashed circle, respectively. The cells where Te-V2 clusters located at
are represented by the dark yellow balls to guide the eye.

Fig. S2 in Supplementary Material, Note. 5). The nine frames can be
divided into two categories. The total energies of frames (III), (V), (VII),
and (IX) are aligned to zero with similar atomic structures to the reference frame (I), and the total energies of frames (II), (IV), (VI), and
(VIII) are about 0.46 eV higher than zero point. The total energy difference arise from the inequivalence in atomic configurations, in which
more intuitive atomic structures of the two categories are corresponding to the II1 and II2 cases in Fig. 1, respectively. A relatively
lower energy is observed for the structure that the two vacancies (with
2NN separation) locates at 1NN sites with respect to tellurium atom.
Therefore, for the possible Te-V2 clusters, it also shows that the tellurium atom energetically prefers vacancies gathering around itself, as
also clarified in the Section 3.1.
Among the frames illustrated in Fig. 5, the steps I → II and IV → V
correspond to the tellurium diffusing into its 1NN vacancies with relative energy barriers of 0.56 and 0.12 eV, respectively. While others
are the processes for iron diffusing into its 1NN vacancy sites. The
absolute barrier (0.56 eV) of tellurium atom in Te-V2 clusters is approximate to that of 1NN Te-V diffusion (0.54 eV), suggesting that
further introducing vacancy does not significantly affect the 1NN tellurium migration in bcc iron. It should be mentioned that the migration
barriers for tellurium and iron diffusion via Te-V2 cluster are about
0.02 eV and 0.05 eV higher than those obtained in Te-V pair, which is in
agreement with the examination on the chromium diffusion in iron
previously [14]. The introducing tellurium would alter the local diffusion properties for the surrounded irons significantly. Similar results are
also found in Te-V diffusions as aforementioned. The 1NN iron diffusion
energy barriers vary due to different atomic configurations for the initial and final states. For example, the diffusion processes of II → III,
VI → VII, and VIII → IX exhibit moderate energy barriers of 0.89 eV, in
which the initial states with two vacancies (1NN separation) locate at

Fig. 4. (a) The binding enthalpy; (b) migration barrier; (c) activation energy in
ferromagnetic state of tellurium in solute-V pair compared to alloying elements
arranged by row and column of the periodic table. The 3p, 3d, 4d and 5d
elements are presented by the purple triangle, red squares, blue pentagons and
green hexagon, respectively.

sparsity on their stability. The frame (III2) represents a sparser atomic
structure, in which the two vacancies (2NN separation) locate at 2NN
and 3NN sites of tellurium, respectively. While frame (III1) is quite
compact when compared to frame (III1). One can see from the black
dotted line shown in Fig. 6 that the total energy of frame (III2) is
1.22 eV higher than that of frame (III1). Moreover, the migration energy
barrier for II → III2 is also slightly higher (0.03 eV) than that for II → III1
process. Thus, the intermediate step of III1, with much more stable
atomic structure is selected as intermediate frame.
The energy profiles for tellurium net diffusion via Te-V2 clusters
along the corresponding diffusion paths are plotted in Fig. 6 and
compared with that of chromium and other alloying elements (shown in
7
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Fig. 6. Energy profiles for long distance solute diffusion via solute-V2 cluster in bcc
iron and corresponding barriers for longterm net migrations in Fig. 5. The triangles
and numbers denote the absolute barriers
and the relative barriers. The black dashed
line represents the second path of
Fig. 5(II)–(IV). The red and purple dashed
line denote the max long-term migration
barrier of tellurium and chromium from our
calculation.

the 1NN and 2NN sites of tellurium (as the II2 case shown in Fig. 1(b).
For the processes of III → IV, V → VI, and VII → VIII, with a much lower
energy for the initial state, should overcome a much higher energy
barrier of 1.35 eV for further migration.
For the same net diffusion paths of Cr-V2 cluster, as the purple dashed line shows, the maximum energy barrier for long distance migration of Cr-V2 cluster in bcc iron are much easier with the relatively
energy barrier of 0.58 eV for the possible frames considered. Such energy barrier is about 0.09 eV lower than the previous MD calculations
[14]. By systematically analyzing these diffusion processes, it shows
that the doping of tellurium greatly affects the surrounded lattice diffusion. As mentioned above, the doping of solute/impurity would alter
the binding behavior as well as the nearby lattice diffusion properties,
which can be understood by their fundamental binding behavior as
follows.
The binding enthalpies and migration energy barriers for solute-V2
are also summarized for a better comparison. The differences of binding
enthalpies and migration barriers in ferromagnetic state of solutes (Te,
Cr, Mo, Nb, Ti, Al, Co, Cu, Mn, Ni, and W) are shown in Fig. 7. It shows
that the Te-V2 cluster exhibits a similar binding behavior with that of
Te-V pair, for which most of the metal solutes except cobalt possess
negative binding enthalpies with vacancy, while the tellurium exhibits
the lowest binding enthalpy among all the solutes considered in this
study. As shown in Fig. 7(a), the binding enthalpy between tellurium
and the two vacancies is −1.44 eV, which is much lower than that of Cr
(−0.04 eV). The maximum migration barriers of niobium and tellurium
are larger than other elements in Fig. 7(b). Similar to solute-V pair, the
extremely lower binding enthalpy indicates the strong attraction interaction between tellurium and divacancy, which is the main reason
for the higher diffusion energy barrier of tellurium when compared to
other solutes.
3.4. Diffusivity of tellurium at finite temperature
Fig. 7. (a) The binding enthalpy; (b) migration barrier in ferromagnetic state of
tellurium in solute-V2 cluster compared to alloying elements arranged by row
and column of the periodic table.

The diffusion properties of elements in materials can be affected by
temperature in a large extent. In this section, the diffusion coefficient of
tellurium in bcc iron at finite temperature are evaluated from the
Arrhenius diffusion equation. The parameter D0 , denoted as the preexponential factor or the diffusion constant, and the activation energy
Q are listed in Table 4. The calculated pre-exponential factor D0 for selfdiffusion of iron is 1.33 × 10 5 m2 / s , which is in the same order of
magnitude with the previous DFT result [32] and pair-potential approach [54]. Such value is found to be about two orders of magnitude
larger than the results from the previous theoretical calculations
[16,42,62], while about one order of magnitude smaller than that of the
previous experimental investigation [63]. The activation energies for
self-diffusion of iron in ferromagnetic state (QFM ) and paramagnetic
state (QPM ) are calculated to be 2.85 and 2.45 eV, which agree nicely
with the results obtained by Vesteylen et al. [32] and are also found to
be comparable with other DFT [16,42,43,48] and experimental results

[63]. When compared to the diffusion along grain boundaries in iron,
the activation energy for the self-diffusion in bulk iron is much higher
than that along grain boundary in iron as calculated by Inoue et al. [64]
(Q = 55.7 kJ/mol, which is ∼ 0.58 eV), indicating the relatively easier
diffusion in pre-existed grain boundaries.
The D0 for migration of tellurium in present work is 1.49 × 10 5m2 / s ,
which is slightly larger than (and in the same order of) iron self-diffusion. Since the diffusivity of tellurium is rarely touched in the literature,
we also calculate the D0 of chromium for benchmark calculation with
an order of 10 5m2/ s , which consists with the previous calculation [32].
The activation energy for tellurium in ferromagnetic state QFM is
1.90 eV, which is quite smaller than the cases of iron self-diffusion and
8
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Table 4
The pre-exponential factor D0 and activation energy Q for self-diffusion of iron
and migration of tellurium, the values obtained in this study are shown in bold.
Element
Fe

D0 (m2 /s )

1.33 × 10

7b

2.98 × 10
5.9× 10

7c
7d

7.87 × 10

Te
Cr

1.6 × 10

5f

6.0 × 10

4h

2.75 × 10

3i

1.49 × 10

5

2.68 × 10

5

7.7 × 10
3.73 × 10
Mo
Nb
Ti

Al
a
b
c
d
e
f
g
h
i
j
k

5

5a

3.5 × 10

5a
3j

5.9 × 10

5a

7.4 × 10

5a

7.6 × 10

5a

2.1 × 10
5.0 × 10

1k
5a

QFM (eV)

QPM (eV)

2.85

2.45

2.830a
2.60b

2.440a

2.66c

2.85e

2.88g

2.91h
2.63i
1.90

1.64

2.732a

2.484a

2.68

3.14j

2.63e
2.650a
2.560a
2.656

a

3.04k

2.631a

2.44

2.409a
2.327a
2.415a
2.392a

DFT result from Vesteylen (2017) [32].
DFT result from Wu (2016) [16].
DFT result from Murali (2011) [42].
MD result from Mendelev (2009) [62].
DFT result from Zhang (2014) [48].
Pair-potential approach result from Hatcher (1979) [54].
DFT result from Messina (2014) [43].
Experimental data from Seeger (1998) [63].
Experimental data from James (1966) [65].
Experimental data from Lee (1990) [66].
Experimental data from Klugkist (1995) [67].

all other alloying elements with the reported calculations in the range
corresponding to 2.10–2.93 eV. The activation energy for tellurium and
other alloying elements in paramagnetic state QPM estimated by Eq.
(14) have the same tendency with that of QFM .
The Arrhenius plots of diffusion coefficients with considering their
magnetic transition are shown in Fig. 8, in which the pre-factor D0 and
the activation energy Q are simply shown as the y-axis intersection and
slop of the linear plot in their unitary magnetic state. As plotted in
Fig. 8(a-b), the calculated diffusion coefficients of iron self-diffusion
and chromium in bcc iron are in well agreement with the previous DFT
calculation [32] with comparable pre-factor and the activation energy.
Besides, the slopes of the iron/chromium diffusion coefficients for both
FM and PM states are in well consistent with that of experimental
measurements [50–52,65,66].
As shown in Fig. 8(c), the diffusion coefficients of tellurium in bcc
iron are plotted and compared with that of other solutes. It shows that
the diffusion coefficient of tellurium is significantly greater than other
solutes in the temperature range of 700–1300 K. The diffusivities of
solutes such as Cr, Mo, Nb, Ti, and Al are in an order of Nb > Ti >
Al > Mo > Cr with diffusion coefficients in an order of magnitude of
∼10−19 m2/s, and they all exhibit slightly better diffusivity than that of
iron self-diffusion. As reported, the inlet and outlet temperature of
Molten-Salt Reactor Experiment (MSRE) is 1175 to 1225 °F (908–936 K)
[68]. Here, we choose the typical operating temperature of MSRE at
650 °C (923 K) as an example. The diffusion coefficient of tellurium is
estimated to be 6.86 × 10−15 m2/s, which is approximately four orders
of magnitude larger than that of iron self-diffusion coefficient with
1.31 × 10−19 m2/s, as well as Nb, Ti, Al, Mo, and Cr with corresponding values of 6.45, 2.15, 1.89, and 1.79 × 10−19 m2/s, suggesting
the fast diffusion for tellurium in bcc iron.

Fig. 8. Diffusion coefficients for (a) self-diffusion of iron; (b) solute chromium;
(c) solute tellurium comparing to other alloying elements. The x axis is 1000
times of the inverse Kelvin temperature range from 1300 to 700 K. The Curie
temperature (TC = 1043 K) is shown in the black dotted vertical line.
a
DFT result from Vesteylen (2017) [32].
b
Experimental data from James (1966) [65].
c
Experimental data from Hettich (1977) [50].
d
Experimental data from Iijima (1988) [51].
e
Experimental data from Lubbehusen (1989) [52].
f
Experimental data from Lee (1990) [66].

4. Conclusion
The fundamental migration behavior of the fission product tellurium is systematically studied and compared to alloying elements in
bcc iron matrix. The tellurium atom prefers to reside at the substitutional sites with the formation energy of 1.03 eV, which is much lower
than that at interstitial sites (∼8.10–9.12 eV). For the tellurium binding
with vacancies, it is found that there is a strong attractive interaction
between the tellurium and monovacancy. The long-distance net diffusion is further studied by introducing another vacancy to form solute9
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divacancy cluster. The results show that further introducing vacancy
does not affect the tellurium migration barriers significantly. Similar
with tellurium interaction with monovacancy, the surrounded iron
lattice diffusions are also significantly affected for Te-V2 clusters when
compared with other solute doping cases. The diffusion coefficients for
tellurium in a temperature range of 700–1300 K are estimated via the
Arrhenius equation. Tellurium exhibits relatively higher diffusivity
when compared to other solutes including Nb, Ti, Al and Mo, as well as
the self-diffusion of iron. The study can provide theoretical guidance to
understand the vacancy-assisted lattice diffusion mechanisms for tellurium in iron.
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Appendix A. Supplementary data
The derivation of pre-factor D0 and activation energy Q in Note. 1.
The derivation of vacancy formation entropy Sf in Note. 2. The derivation of solute-binding entropy Sb for bcc lattice in Note. 3. The
migration energy profiles and corresponding data for solutes (Te, Cr,
Mo, Nb, Ti, Al, Co, Cu, Mn, Ni, V and W) of nine-frequency model in
Note. 4. The net diffusion barrier profiles of solutes in Note. 5.
Supplementary data to this article can be found online at https://doi.
org/10.1016/j.commatsci.2020.109571.
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